In ultrarelativistic heavy ion collisions a finite size QCD medium is created. In this paper we compute radiative energy loss to zeroth order in opacity by taking into account finite size effects. Transition radiation occurs on the boundary between the finite size medium and the vacuum, and we show that it lowers the difference between medium and vacuum zeroth order radiative energy loss relative to the infinite size medium case. Further, in all previous computations of light parton radiation to zeroth order in opacity, there was a divergence caused by the fact that the energy loss is infinite in the vacuum and finite in the QCD medium. We show that this infinite discontinuity is naturally regulated by including the transition radiation.
Introduction
The suppression pattern of high transverse momentum hadrons is considered to be a powerful tool to map out the density of the produced QCD plasma [1] - [3] . This suppression (so called jet quenching) is assumed to be mainly due to the medium induced radiative energy loss of high energy partons propagating through ultra-dense QCD matter [4] - [7] . However, even if final state multiple elastic and inelastic interactions are neglected, the difference between medium and the vacuum 0 th order energy loss would still be significant. This is due to the fact that the gluon dispersion relation is different in the medium and the vacuum, leading to differences in the associated 0 th order radiation. This effect was first pointed out by Ter-Mikayelian [8, 9] , who considered the QED plasma case. In [10, 11] we developed a non-abelian QCD analog of the Ter-Mikayelian plasmon effect for the case of heavy quarks. We showed that while the Ter-Mikayelian effect is negligible for bottom quarks, it has an important effect on charm quarks, since it leads to a significant reduction of the vacuum radiation. This result is a consequence of the fact that the gluons in the QCD medium acquire a finite mass proportional to the temperature of the medium.
The computation presented in [10] was done under the assumption of an infinite QCD medium. This raises the question how to generalize these results to the more realistic case of a finite size QCD medium created in ultra-relativistic heavy ion collisions (URHIC). How the results from [10] will be modified by finite size QCD effects is the first goal of this paper.
Further, it is well known that light parton 0 th order energy loss is not infrared safe, i.e. it goes to infinity when the parton mass goes to zero. This infrared divergence is absorbed in the DGLAP evolution [12] , so that the only part which contributes to the jet quenching is the difference between medium and vacuum energy loss. Since all previous computations [4, 7] assumed that the light quarks and gluons have the same zero mass in both the medium and the vacuum, the difference between medium and vacuum energy loss was found to be finite. However, with the introduction of the Ter-Mikayelian effect, the finite parton mass in the medium regulates the infrared divergence of the 0 th order energy loss in the medium, while the corresponding energy loss in the vacuum remains infinite. This leads to the question how to regulate this discontinuity between medium and vacuum light parton energy losses. The second goal of this paper is to show how transition radiation naturally solves this problem.
The outline of the paper is as follows. In Section 2, we will compute the 0 th order radiation in a finite size QCD medium for both light and heavy quarks. For charm quarks we will show that the transition radiation lowers the Ter-Mikayelian effect from 30% [10] to 15 − 20%. Additionally, we will show that for light partons the transition radiation naturally regulates the infinite discontinuity between 0 th order medium and the vacuum radiative energy loss. In Section 3, we will study how the difference between medium and the vacuum 0 th order energy loss depends on where the particle is produced. We will show that the difference between medium and vacuum 0 th order energy loss is positive (as intuitively expected) as long as the probe is produced far outside the medium (QED case). However, if the particle is produced inside the medium, such as in the QCD case, we will obtain that this naive expectation may not hold. In Section 4, we will extend our study from Sections 2 and 3 to include the fact that due to the confinement in the vacuum, the gluons may acquire finite mass. We will obtain qualitatively different results, compared to those presented in Sections 2 and 3, if the gluon mass in the vacuum is larger than in the medium. In Section 5, we will combine the results presented in Sections 2 and 4 with the medium induced radiative energy loss [13] . We find that for certain realistic values of the gluon mass in the vacuum, the light quarks can leave the L < 3 fm medium essentially unquenched. We argue that the results presented in the Section 5 may provide us with a hint toward solving the puzzle posed by [14] . Finally, in Section 6 we summarize our results and put our work in the context of future research.
2 The one gluon 0 th order radiation in a finite size QCD medium
The aim of this section is to compute the 0 th order radiative energy loss when the parton is produced in a finite size dielectric medium. To introduce the finite size medium, we start from the approach described in [15] . As in [15] , we consider the static medium of size L, and define two gluon masses, m g,v (for gluon radiated in the vacuum), and m g,p (for gluon radiated in the medium). We also assume that, in general, the running coupling constant can be different in the vacuum and in QGP. However, contrary to [15] , we ignore spin effects, since they are irrelevant in the soft radiation limit that we consider in this paper.
To compute the 0 th order radiative energy loss in a finite QCD medium, we have to compute the squared amplitude of a Feynman diagram, M rad . The Feynman diagram represents the source J, which at time x 0 produces an off-shell jet with momentum p ′ and subsequently (at x 1 > x 0 ) radiates a gluon with momentum k. The jet emerges with momentum p and mass M . We neglect the thermal shifts of the quark mass since 1) for heavy quarks, thermal effects on the quark mass are negligible, and 2) light quarks will be treated as massless particles for the reason explained in footnote 2.
The matrix element for this 0 th order in opacity radiation process can then be written in the following form
where Φ(x 1 ) = e −ipx is the wave function of the final quark with (on-shell) momentum p and A µ (x 1 ) is the wave function of the emitted gluon. Vertex function
, where g(x 1 ) is the running coupling constant which is in general different in the medium than in the vacuum.
For this problem it is convenient to use light cone coordinates [16] . This coordinate system is appropriate for systems moving with almost the speed of light. It is obtained by choosing new spacetime coordinates [x + , x − , x], 1 related to the coordinates in the laboratory frame (t, z, x) by (x is the transverse coordinate)
In the same way the light cone momentum [p + , p − , p] is related to the momentum in the laboratory frame [E, p z , p] by (p is the transverse momentum)
Additionally, it can be shown that in the light cone coordinate system the propagator ∆ M (x) reduces to (see [16] ):
where
In the spinless case, the wave function of the emitted gluon with momentum k can be written as
is the transverse polarization and c is the color factor of the radiated gluon.
is the wave function (derived in Appendix A) that satisfies the Klein-Gordon equation with position dependent gluon mass m g (x + ), and
where m g,p is gluon mass for the gluon radiated in the medium, while m g,v is gluon mass for the gluon radiated in the vacuum. We can now compute M rad by substituting Eqs. (4)- (7) in Eq. (1), which leads to the fallowing result (see Appendix B for detailed calculation of M rad ):
where g p (g v ) is the running coupling constant in the medium (vacuum). The variable x is defined as x ≡ k + p ′+ and
1 Note that the x + and x − axes of the new frame lie on the light cone [16] .
Here, we use for the initial quark a plane wave state in the x-plane and set p ′ = 0. Then p = −k,
(1−x)p ′+ . Note that soft radiation is defined as x ≪ 1 (i.e. p + ≫ k + ), so we assume that 1 − x ≈ 1. 2 Additionally, as in [17] , we assume that J varies slowly with p, so that
In soft gluon approximation, the spectrum can be extracted from Eq. (8) as (see [17] )
Here d R = 3 (for three dimensional representation of the quarks). Finally, by using Eqs. (10, 11) together with Eq. (8) we obtain the main order fractional energy loss (I ≡ ∆E/E) for massive quarks and gluons in the QCD medium of finite size L
is the running coupling constant in the medium (vacuum). C R is the color Casimir for the partons, i.e. C R = 4/3 for quarks and C R = 3 for gluons. E is the initial jet energy. The second equation in (12) 
v is 0 th order in opacity fractional energy loss in the vacuum:
and I
med is total 0 th order in opacity fractional energy loss in finite size medium, given by
Here, I
T M is the 0 th order in opacity fractional energy loss in the infinite size medium, which can be obtained from I trans is the additional transition radiation occurring when the jet is traversing from the medium to the vacuum. As a crosscheck, we note that, by neglecting spin effects in [15] , Eq. (9) from [15] can be reduced to the Eq. (12) above. We note that the computation in [15] was done in 3-dimensional coordinate space (z, x), while our computations were more consistently performed in the light-cone 4-dimensional coordinate space. To obtain the fractional energy losses, we perform the integration by using 0 < |k| < 2x(1 − x)E, i.e. in our computations we do not introduce a lower momentum cutoff. For running coupling we use the "Frozen α model" [18] 
β 0 Log(
where β 0 = 28 3 for effective number of flavors n f ≈ 2.5, Λ QCD ≈ 0.2 GeV, and
. We next use Eqs. (12)- (15) to provide a comprehensive analysis of the influence of the transition radiation to the total 0 th order in opacity energy loss for both light and heavy quarks. We first concentrate on the charm quark case and look how the 0 th order energy loss depend on the initial jet energy ( Fig. 1) and thickness of the medium (Fig. 2) . In Fig. 1 we see that for charm quarks, transition radiation lowers the Ter-Mikayelian effect from 30% to 15 − 20% for L = 5 fm medium. In Fig. 2 we see that for a medium thickness greater than 4 fm the transition radiation becomes approximately independent of the thickness of the medium.
The previous two figures were computed by assuming running coupling (given by Eq. (15)) which is different in the medium and in the vacuum. In Fig. 3 we want to test how the obtained medium and the vacuum fractional energy loss difference (I (0)
vac ) is robust against variations in the choice of coupling constant. To do that, we plot I (0)
vac as a function of initial jet energy for three different choices of running coupling as well as constant coupling α S = 0.3. We see that for heavy (c and b) quarks, the difference between medium and the vacuum energy loss is almost independent on the choice of coupling constant. For the light quark case, we see that while I (0)
vac is robust to the choice of running coupling, it is fairly sensitive to the choice between running and constant coupling. vac for light quarks is large and shows a noticeable dependence on jet energy, it is negligible for bottom quarks in the whole jet energy range.
The most striking observation from Fig. 3 is that, for the light quark case, the difference between medium and the vacuum energy loss (I (0)
vac ) is finite. To validate this numerical result analytically, we assume a perturbative vacuum (i.e. m g,v = 0 GeV) and the same coupling in the medium and in the vacuum (i.e. α p S = α v S ). In the (M = 0 GeV) light quark case, the Eq. (12) reduces to
This equation is infrared safe when k → 0. This is an important result having in mind that without transition radiation, the Ter-Mikayelian effect leads to a discontinuity between finite medium and infinite vacuum energy loss. Therefore, we conclude that the transition radiation has special importance in the case of the light quarks since it provides a natural regularization of medium dispersion effects.
In Fig. 4 we fix the energy jet to 15 GeV, and test how the I vac . However, by integrating Eq. (16) in the L/E → 0 limit (and without expanding cosine) we obtain a result which depends linearly on the thickness L of the medium (in agreement with the numerical results shown in Fig. 4) :
Finally, from Figs. 1-4 we see that the total energy loss in the medium is smaller than in the vacuum. This result comes from Eq. (12), where we see that ∆E
. Therefore, if the gluon mass in the medium is larger than in the vacuum, then the total 0 th order energy loss in the medium will be smaller than in the vacuum. Though mathematically correct, this result seems surprising, since it would be expected that the radiation in the medium (even at the lowest order) is always larger than the corresponding radiation in the vacuum, particularly having in mind the work presented in [9, 20] . In [9, 20] the transition radiation was studied for the particle traversing the QED medium, and it was shown that the lowest order radiative energy loss in the medium is always larger than in the vacuum. This study considered the case when the particle is produced outside the medium (at z 0 = −∞). However, contrary to the usual experiments involving a QED medium, where the medium is probed by using test particles produced far outside the medium, in URHIC the probes are produced inside the medium. Therefore, to be able to intuitively understand the result obtained from Eq. (12), we have to take into account the qualitative change in the experimental approaches between QED and QCD. In the next Section we study how the difference between medium and the vacuum energy loss depends on the point of particle production.
3 Dependence of the 0 th order energy loss on the point of particle production To study this particular problem we assume the static system shown in Fig. 5 . That is, we consider the probe produced in the vacuum at the finite distance l 0 (i.e. x + 0 = −2l 0 < 0) from the medium of size L. As in the previous section, we assume that a gluon is subsequently radiated at a point x 1 . A gluon radiated in the vacuum (medium) has the mass m g,v (m g,p ). Therefore, the gluon mass m g (x + 1 ) has the following form
As in the Section 2, we can now compute M rad , by substituting Eqs. (4)- (6) and (18) in Eq. (1), which leads to the fallowing result (for the derivation see Appendix C):
Eq. (19) together with the Eqs. (10) and (11), leads to
Equation (20) represents the difference between medium and vacuum fractional energy loss when the probe is produced outside the medium. It is useful to look at two important limits of this equation: 1) l 0 → 0. In this limit we recover the case when the particle is produced in the medium of size L. In this case, the Eq. (20) reduces to Eq. (12) from the previous section.
2) l 0 → ∞. This limit corresponds to the case when the particle is produced far outside the medium, i.e. it is equivalent to the QED case studied in [9] .
When l 0 → ∞ the second term in Eq. (20) goes to zero. For α p S (k) = α v S (k) we obtain a result which agrees with [9] :
We see that, when l 0 → ∞, Eq. (20) becomes positive definite independently of the gluon masses. Therefore, in this case the 0 th order energy loss in the medium is always larger than in the vacuum. This result agrees with our intuitive expectations and with [9] .
Finally, in Fig. 6 we show the difference between medium and vacuum 0 th order energy loss as a function of coordinate of particle production. The figure clearly shows the transition from positive definite values (for the case when the particle is produced far outside the medium) to negative values (obtained when the particle is produced inside the medium). 
Dependence of transition radiation on the vacuum gluon mass
The analysis presented in the previous two sections is based on the assumption that m g,v = 0 in URHIC. However, this is true only in the case of the perturbative vacuum which does not take confinement into account. A phenomenological way to simulate confinement in the vacuum is to introduce an effective gluon mass m g,v = 0 [21] . In this case, there are two different vacuum gluon masses that can be found in literature [22] 
, and Λ QCD > 0 GeV. On the other hand, the results shown in the right panels of Figs. 7, 8 and 9 are qualitatively different from the m g,v = 0 case. This is due to the fact that, in this case, the gluon mass in the vacuum is larger than in the medium (m g,v = 0.7 GeV), and thus we would expect that I In Fig. 10 we show the difference between medium and the vacuum 0 th order energy loss for light, charm and bottom quarks as a function of the vacuum gluon mass (m g,v ). From this figure we see that for bottom quarks the difference is negligible. For charm quarks, in the range of experimental interest (0 GeV < m g,v < 0.7 GeV) this difference is in the range of about ±5%. In [25, 26] we showed that this difference has small effects on the heavy flavor experimental observables (i.e. negligible effect on bottom, and less than ±0.1 on charm R AA ). However, for the light quarks, we see that the difference (m g,v ) . The curves are computed by assuming running coupling given by Eq. (15), with different couplings in the medium and in the vacuum. The dotted curve corresponds to the light quarks, dashed to the charm and dot-dashed curve to the bottom quark. The initial energy of the jet is 15 GeV, and thickness of the medium is L = 5 fm. We take that light, charm and bottom quark masses are M = 0, M = 1.5 and M = 4.5 GeV respectively. between medium and the vacuum energy loss is in the range of about ±15%, which may have a sizable effect on the pion suppression. We therefore conclude that, in order to obtain consistent predictions for pion suppression data, 1) the gluon mass in the vacuum has to be more accurately estimated and 2) the transition radiation has to be taken into account.
Net radiative energy loss dependence on transition radiation
In this section we will use the medium induced radiative energy loss given in [13] to study how the difference between net radiative medium (∆E (1) + ∆E For the purpose of further comparison, in this subsection, we show the 1 st order medium induced radiative energy loss for light and heavy quarks. The left panel of Fig. 11 shows fractional energy loss to 1 st order in opacity(∆E (1) ) as a function of initial jet energy. As in the previous sections, we assume running coupling given by Eq. (15) with m g = m g,p = 0.35 GeV. We take L = 5 fm and λ = 1 fm for the plasma parameters. We see that for 5 GeV jet, the finite mass effect leads to a 50% (90%) reduction of the energy loss for charm (bottom) quarks. On the other hand, for a 20 GeV jet, we see that the finite mass effect has almost no effect on charm quarks while it reduces the bottom quark energy loss by 50%.
On the right panel of Fig. 11 we fix the jet energy to 15 GeV, and look at the fractional energy loss as a function of thickness of the medium. Wee see that charm and light quark energy loss dependence is similar, while bottom quark remains significantly different and close to the linear L 1 Bethe-Heitler form. This behavior is expected having in mind the left panel in Fig. 11 . There we see that, for a 15 GeV jet, the finite mass effect does not have a large influence on charm quarks, while it still has a significant influence on heavy bottom quarks. In this subsection, we first concentrate how the net radiative energy loss depends on the initial jet energy for m g,v = 0, 0.2 and 0.7 GeV cases. Figure 12 was obtained by combining Figs. 3 and 7 with the left panel of Fig. 11 . We use it to compare the net radiative energy loss results for light, charm and bottom quarks. We see that, depending on the gluon mass in the vacuum, the transition radiation may either further enhance (for m g,v > m g,p ) or kill the "dead-cone" effect (for m g,v < m g,p ). Additionally, we see that the transition radiation may have a significant influence on the net radiative light parton energy loss. For example, for the m g,v = 0 GeV case, the light quark energy loss is smaller than the charm quark energy loss. Additionally, in this case, the energy loss for all three types of quarks shows a weak dependence on the initial jet energy. On the other hand, in the m g,v = 0.7 GeV case, the light quark energy loss is a steeply decreasing function of initial jet energy. Additionally, this energy loss is significantly larger than both the charm and bottom quark energy losses. Fig. 11 . We use it to compare the thickness dependence of the net radiative energy loss results for light, charm and bottom quarks. In the m g,v Λ QCD case, we see that for the light quarks, introduction of the transition radiation may lead to the cancellation of the medium induced radiative energy loss for L 3 fm. This result infers that light partons may leave the medium practically unquenched if traveling the distances smaller than 3 fm. Similar energy loss thickness dependence was already observed in [14] , and the Fig. 12 may point how to solve the thickness dependence puzzle posed by [14] . Finally in Fig. 14 we fix the jet energy and thickness of the QCD medium, and compare the m g,v dependence of the net radiative energy loss results for light, charm and bottom quarks. While bottom quark net radiative energy loss is independent on m g,v , light quark shows significant dependence on the on m g,v , as expected from Fig. 10 . For example, we see that, for the m g,v < Λ QCD the light quark energy loss is smaller than charm's. On the other hand, in m g,v ≈ 1 GeV case, the difference between light and heavy quark energy loss is enhanced from 10% (see 15 GeV point on Fig. 12 ) to approximately 40%.
Unfortunately, at the moment we do not know what value of m g,v would, most accurately, reflect confinement effects in the vacuum. However, based on Figs. 12-14 we see that the m g,v > m g,p enhances the differences between the light and heavy quark energy loss results, and therefore would lead to a significant difference between the suppressions of light and heavy parton observables. On the other hand, m g,v < m g,p lowers the differences between the light and heavy quark energy losses, and would correspondingly lower the differences between the suppressions of light and heavy observables. Based on the most recent experimental results [27] , which suggest similar suppression results for pions (light partons observable) and single electrons (heavy quark observable), we expect that m g,v Λ QCD is the most appropriate value to approximate confinement in the vacuum.
Conclusions
A finite size medium, with dimensions on the order of the diameter of the collided heavy ion, is created in URHIC. Due to that, jets experience a transition from medium to the vacuum, which results in additional energy loss, called transition radiation. Since the Ter-Mikayelian was computed under the assumption of an infinite medium [10] , in this paper we addressed the finite size correction to this effect.
In [10] we obtained that, due to the Ter-Mikayelian effect, the medium energy loss for charm quarks is reduced by 30 % compared to the vacuum case. We have showed that the finite size correction reduces this effect from 30% to 15%. The obtained result is intuitively unexpected, since the well known QED transition radiation calculations [9, 20] give a positive difference between the medium and the vacuum energy loss. The discrepancy between QED and QCD case results from the fact that in QED experiments a particle is produced far outside the medium, and has to cross two vacuum/medium boundaries in order to reach a detector, while in QCD experiment, the particle is produced inside the medium and crosses only one boundary. The QCD effect is therefore smaller by (approximately) the energy loss corresponding to one boundary crossing.
Previously, there was a contradiction caused by the fact that the energy loss is infinite in the vacuum and finite in the medium, leading to the infinite discontinuity between medium and the vacuum energy loss. This problem was long avoided by assuming the same zero mass for light partons in both medium and the vacuum. We here showed that this infinite discontinuity is naturally regulated by including transition radiation. To our best knowledge, the work presented here is the first consistent solution to this problem.
Further, we showed, that for m g,v Λ QCD , the light parton may not loose energy when traveling distances smaller than 3 fm. This result is similar to the one experimentally observed in [14] . Consequently, one of the future goals is to understand the impact of the transition radiation to the light observable's suppression results.
We note that our computations were done under the assumption of static medium of finite size L. Therefore, one of the interesting future problems is to study how these results are modified under the influence of the dynamically expanding QCD medium with continuously changing density at the edge. We expect that for a more gradual density change between the medium and vacuum, the difference between medium and vacuum 0 th order radiation is reduced.
Finally, we also note that our calculations considered only the radiative energy loss and did not take elastic energy loss into account. Recent computations by [28] show that the elastic energy loss in the QCD medium is negligible, which supports non-inclusion of the elastic energy loss into account. However, in [29] it was obtained that the elastic energy loss is significant. Consistent inclusion of the elastic energy loss into our radiative energy loss formalism is the subject of our future work. be written as (see Eq. (5))
where ǫ(k) = [0, 2 ǫ·k k + , ǫ] is the transverse polarization and c is the color factor of the radiated gluon. In finite size QCD medium, gluon mass (which is proportional to the temperature) becomes position dependent, and Φ g (x) is the wave function that satisfies the Klein-Gordon equation with position dependent gluon mass m g (x + ).
In this section we will derive the wave function Φ g (x) in the light cone coordinate system. To compute this wave function, we have to solve the fallowing equation
where in light cone coordinate system ≡ 4 ∂ x + ∂ x − −∂ 2 x . Note that we have an extra factor of 4 which is the consequence of the coordinate transformations. Additionally, note that Klein-Gordon equation now becomes first order in x + and x − [16, 30] .
By assuming that the Φ g (x) has the fallowing form Φ g (x) = φ 1 (x + )φ 2 (x − ) e ik·x , it becomes easy to show that
where k + is a constant. Klein-Gordon equation then reduces to
where k − (x + ) ≡ k 2 +mg(x + ) 2 k +
. We can now easily obtain the solution for φ 1 (x + )
which, together with Eq. (24), leads to the solution of the gluon wave function in a finite size QCD medium
This solution is valid for arbitrary gluon mass functional dependence m g (x + ), and is not limited to the static medium case which we consider in Section 2. In a static medium, where m g (x + ) is given by Eq. (7), the Eq. (27) reduces to
is the gluon momentum in the medium and the vacuum respectively.
In the same way I 2 = e i(k M rad = −2i dp
which is the Eq. (19) given in section 3.
